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(b) The chains have compact support, so we get (R1) and (R4). The case (R9) is immediate.

(d) Since SU “ I implies TU “ I then property (D) becomes a tautology.

(c) Consider a singular point x P X. Following Remark 3.7 we distinguish three cases.

(C-a) x P S, source stratum of S. Considering Proposition 3.4 (a) and using the local
calculations 1.5.b and 1.9.b, we need to prove
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Since the perversity p verifies ppSq “ I‹ppS
I

q (cf. Lemma 4.3) then we have ppvq “ I‹ppvq (cf.
(19)). The result comes now directly from the local calculations 1.5.b and 1.9.b.

(C-b) x P S, exceptional stratum of S. Considering Proposition 3.4 (b) and using the
local calculations 1.5.b and 1.9.b, we need to prove
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where b “ codimS • 1. Since 0 § ppSq § tpSq “ b ´ 2 (cf. (25)) then we have 0 § ppuq § b ´ 2
(cf. (20)). The result comes now directly from the local calculations 1.5.b and 1.9.b.

(C-c) x P S, virtual stratum, with S
I

singular stratum of S. Considering Proposi-
tion 3.4 (c) and using the local calculations 1.5.b and 1.9.b, we need to prove
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(27)

where b “ dimS
I

´ dimS • 1.
Since S ® pS

I

zSqcc (cf. (17)) and pppS
I
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and (21))). Since dimpRa
ˆ Sb´1

ˆs0, 1rq “ dimpRa
ˆ Rb

ˆ tvuq then DI‹ppvq “ Dpp
`
Sb´1

˘
cc

q.
We conclude that

DI‹ppvq § Dppuq § DI‹ppvq ` b.

Applying the local calculations 1.5.b,c and 1.9.b,c the claim (27) becomes
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The stratum S belongs to V “ M (cf. (15)). Since any other R P S meeting the conical chart
W verifies S † R then R is a source stratum and then ppRq “ I‹ppRq (cf. Lemma 4.3). From
(21) we get p “ I‹p on E. The claim is proved. |

Remark 4.7. The existence of 1-exceptional strata may impeach the above isomorphisms. This

is the case for (R4), . . . (R10). For example H
0

˚

`
c̊S0, c̊I

˘
“ 0 ‰ G “ H

0

˚ ps ´ 1, 1r, Iq. But we have
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